The Curry-Howard correspondence:
« propositions as types
 proofs as programs

- simplification of proofs as evaluation of programs

Figure 1. Gerhard Gentzen (1935)—Natural
Deduction.

Figure 5. Alonzo Church (1935)—Lambda Calculus.
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Figure 2. A proof. Figure 6. A program.
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Figure 3. Simplifying proofs.
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Figure 4. Simplifying a proof.
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Figure 7. Evaluating programs.
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Figure 8. Evaluating a program.

[z:B x AJ* [z: B x AJ?
— x-Ey — x-F
WzZ:A 7!'1228
x-1
(myz,m 2): AX B y:B XA
—-T7 x -1
Az.(myz, m 2Z): (Bx A)— (A xB) (y,x):Bx A
.
(Az. (myz,m 2)) (y,X) 1A X B
y:B XA y:B XA
x-1 x -1
(v,x):Bx A (v, x) :Bx A
— x-Ey — x-E1
Ty (¥, X) 1 A m (v, X): B

x -1

(my {y, x), w1 (y, X)) : A x B




